
Walrasian Equilibria are in the Core

In our examples, we’ve noted in every case that the Walrasian equilibrium allocation has been

in the core — i.e., it’s been one of the possible “bargaining equilibria” of the economy. The

theorem on the following page establishes that this is true under very general conditions: the

consumers’ preferences simply need to be locally nonsatiated. But this shouldn’t be surprising:

local nonsatiation is also the only assumption needed to establish the First Welfare Theorem,

which says that if you can make a Pareto improvement on a proposed allocation, then the proposed

allocation can’t be the outcome of a Walrasian equilibrium. In fact, that’s exactly the way our

proof proceeded: we assumed that the proposed equilibrium allocation is not Pareto (i.e., it can

be improved upon), and then showed that the assumed improvement could not be feasible, a

contradiction — the assumed improvement can’t actually be accomplished.

To establish that a Walrasian allocation is more than just Pareto optimal, and in fact is actually

in the core, we proceed in exactly the same way: we assume that the proposed allocation can

be improved upon by some coalition — but not necessarily by the coalition consisting of all the

traders — and show in the same way as before that the improvement could not be feasible for the

coalition, using just its own resources. In other words, we show that an assumed improvement by

any coalition can’t actually be accomplished with the resources available to it, and therefore the

proposal is in the core.

Note that the proof is identical to our proof of the First Welfare Theorem except that an arbitrary

coalition S replaces the specific coalition N consisting of all traders, just as the above discussion

suggests.






