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SUMMARY

Variograms are used to describe the spatial variability of environmental variables. In this study, the para-
meters that characterize the variogram are obtained from a variogram in a different but comparably pol-
luted area. A procedure is presented for improving the variogram modelling when data become available
from the area of interest. Interpolation is carried out by means of a Bayesian form of kriging, where prior
distributions of the variogram parameters are used. This procedure differs from current procedures, since
commonly applied least squares estimation for the variogram is avoided. The study is illustrated with
data from a cadmium pollution in the Netherlands, where this form of extrapolation was compared with
ordinary kriging. When sufficient data are available (more than 140), ordinary kriging gave the most precise
predictions. When the number of data was small (i.e. less than 60), predictions obtained with Bayesian kri-
ging were more precise as compared to those obtained with ordinary kriging. This leads to a considerable
reduction of costs, without loss of information.
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1. INTRODUCTION

Environmental decision making is increasingly based upon spatial variability procedures. The
evident reason is that national laws protecting the quality of the environment are defined in terms
of quantitative norms. Observations on soil contaminants are usually available as point
measurements. In order to determine the amount of a pollutant in an area or to calculate
the probabilities that the norms are exceeded, interpolation from point observations to land
areas is therefore an important activity. For these purposes, geostatistical procedures have
been applied successfully in many studies (see, for example, Switzer (1977), Myers (1988),
Flatman et al. (1988), Staritsky et al. (1992), Boekhold and van der Zee (1992) and Finke and
Stein (1994).
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Geostatistical procedures commonly use the variogram to quantify spatial correlation.
Determination of the model and estimation of its parameters requires at least 100—-150 observa-
tions (Webster and Oliver, 1993). Taking and analysing samples can be a costly activity. Current
laboratory prices range from US$10 for a cadmium measurement to more than US$1500 for a
single dioxin measurement. In order to reduce those costs it is challenging to use variogram
information from other sources. After a variogram is determined, it may be applicable in other
areas, maybe after some modifications. Using information from one area in another area may save
both effort and costs. The current study analyses the possibilities of extending spatial information
from one region to another.

The starting point is that the first area is sampled in sufficient detail to allow a geostatistical
analysis. The spatial information thus obtained is transferred to a second area; the second area is
assumed to be contaminated in a similar way as the first, that is with the same pollutant and with
a similar deposition form. In practice, a pilot study may be carried out once, yielding a variogram
based on a large number of observations. In new areas only a subsequent validation, and, if
necessary, adaptation of the variogram needs to be done.

This paper focuses on the following points:

(i) derivation of adequate equations for using prior information obtained from the first area
in the second area;
(ii) deciding upon the number of observations to be taken in the second area, using prior
information from the first area in order to validate the variogram;
(iii) modification of the prior information, when additional data from the second area become
available.

Previously, prior information has been used primarily to formulate a form of Bayesian kriging
in which prior estimates of the non-constant drift parameters and the covariances are used to
form a Bayesian predictor (Omre and Halvarson, 1989; Abrahamsen, 1992; Stein, 1994). This
Bayesian predictor differs to some extent from the usual kriging predictor, which does not
assume any knowledge of the drift. Bayesian updating has been applied in the past as well, inte-
grating hard measurements with soft data (Zhu and Journel, 1991). Another interesting approach
applies a Bayesian analysis to model the parameter uncertainty in estimation of spatial functions,
which, however, is restricted to the use of the covariance function (Kitanidis, 1986). Also, the
theory and the estimation procedures for Bayesian analysis have been formulated, based on
the multivariate normal and related distributions (Nhu and Zidek, 1992; O’Hagan, 1991). In
this study we propose a form of Bayesian kriging for a larger class of processes. Uncertainty
about variogram parameters is presented in distribution and the prior distribution of the vario-
gram parameters is used to form a Bayesian predictor.

The study is illustrated with an actual soil contamination problem in the Netherlands.

2. PRIOR INFORMATION

2.1. Preliminaries

Assume that a soil contamination variable Z can be modelled satisfactorily by means of a
random field Z(x), depending on a vector x in a 1-, 2- or 3-dimensional space D. In general, the
field is unknown, and its properties have to be estimated. In order to do so, some assumptions
have to be made. A common assumption is that the field is second-order stationary, that is the
mean of Z(x) is a constant and the covariance function exists for any two locations and it only
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depends on the difference vector h = x' — x” between two locations x’ and x”, i.e.

(i) E[Z(x)]=m (constant);
(i) cov [Z(x"),Z(x")]) = C(x' — x")]= C(h).

Under the assumption of second-order stationarity, the variogram, defined as
Y(h) = y(x' = x") = 3var(Z(x') - Z(x")) (1)

also exists and is related to the covariance function by y(x' — x”) = C(0) — C(x" — x”). The capi-
tal E is used to denote mathematical expectation. In many studies isotropy is assumed to hold.
Then the variogram depends only on the length |4| of the vector h, and not its direction. We will
make this assumption in this study. Variograms are estimated from the data by calculating for
each of several distances h, < ... < h; half the mean value of the squared differences between
the observations that constitute a pair separated by this distance. The values thus obtained are
plotted as a function of 4 or {#|, and a model is fitted. Common examples of isotropic variogram
models include the exponennal model (k) = ¢;[1 — exp(—|h|/a)], the spherical model
v(h) =1c1[3(|hl/a) — (|h|a) ] for |h| < a and ~y(|h|) = ¢; for |h| = a, and the Gaussian model
v(|A]) = ¢;[1 ~ exp(—|h|*/a®)]. Sometimes a so-called nugget effect c, is added to these models
as well, describing the non-spatial variability, such as the measurement error, the temporal varia-
bility and the operator bias, but also the spatial variability at a scale too small to be captured by
the applied sampling scheme, e.g. at a mineralogical scale. The variogram function therefore
depends on a vector 6 of parameters, and is denoted by 4,(|#|). Estimation of the parameters
¢o» ¢1 and a as well as identification of the variogram model is performed by means of a non-lin-
ear regression procedure.

2.2. Ordinary kriging

Suppose that n observations are available on the second-order stationary random field Z(x). The
observations, denoted by z(x),...,z(x,), where x,,...,x, are contained in a 1-, 2- or 3-
dimensional domain D, are considered to be realizations of the » random wvariables
Z(x1),...Z(x,). Ordinary kriging is equivalent to optimally predicting an observation at an
unvisited location x; by means of a linear combination of the data at the locations x,,...,x,,
taking the spatial dependence of the variable into account. Let the distance between x; and x; be
denoted by hy for i,j =1,...,n, and between x; and xg by Ay for i=1,...,n. The ordinary
kriging predictor is a linear combination of the variables in the observation locations:

x) = 3" MZ(x) @)
=1

where the A;’s contained in the vector A, are obtained by minimizing the variance of the prediction
error. They are obtained from:

KA+pE, =K, E\=1 (3)
with
Yolhi)s o Yo(Pin) Yo(h10) Al 1
K= : : , Ko = : s A= 8 ,En=(f) 4)
Yolhtw1) s Vo(Pnn) Yo(Pno) An 1

and p is a Lagrange multiplier (Matheron, 1971).
From the kriging equations, the minimized variance of the estimation error, the so-called
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kriging variance, is given by

n

ok =D Mrelhio) + . (3)

i=1

The kriging variance is equal to 0 at the observation points, and takes positive values elsewhere,
being dependent on the variogram function and on the configuration of the data points, but not
on the values of the observations.

2.3. Bayesian kriging

Ordinarily, the variogram has to be estimated from the available data. However, a different
procedure will be followed here in order to better use available prior information. It will be
assumed that the mean and the variogram function are known a priori. If, in addition, estimates
for the parameters are available, e.g. © = 6, where 6, = (co,c;,a)", a fully specified model is
given. The latter assumption will be relaxed by specifying a prior distribution of the parameters.
In this section the variogram and the kriging equations based upon a prior distribution of the
parameters will be derived. Conditional expectations will be denoted with a semicolon. From the
theory of conditional distributions we use the well-known expressions E(X) = Ey[Eyx(X; Y)] and
cov(X, Y)= Ez[cov(X,Y; Z)] + cov,[E(X; Z),E(Y; Z)] for arbitrary random variables X,Y and
Z. For the regionalized variable Z{x) the following assumptions are made:

@) E[Z(x);© = 5] = m;

(ii) the prior variogram is given by y(h; © = 6y) = ¢y + ¢;G(h,a), h > 0, where G{(h,a) is a
known mode, for example exponential, depending on the distance vector i and the range
parameter a only;

(i1) the parameter vector © has a prior distribution that is fully known, say with density P(9),
denoted by © ~ p(6).

The posterior variogram g (k) is vg(h) = Eg[y(h); ©] = [ +(h,6) p(6) db.

The Bayesian kriging predictor of an unknown observation at x is based on assumptions (i),
(ii) and (iii), as well as on the assumption that E[Z(x)] = E[Eg[Z(x); ©]] = m. It represents a
linear combination of the observations at locations xy, ... x, by

Z(w) =Y MZ(x). ©)
i=1

This leads to a Bayesian kriging system which is similar to equation (3), but now the matrix X and
the vector K are given by

ye(h1), -y vB(1n) va(h10)

K= : : ; Ko = :
Ye(la1), .oy ¥8(Aum) Y8 (Pno)

The kriging variance is given by:

(7

ok = 3 NEgly(h: 0] +
i=1

=3 Mrslho) + i ®)
i=1
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Note that when Prob{© = 6,} = 1, Bayesian kriging is equivalent to ordinary kriging, because in
this case y(h) = [y(h;0) p(6) d6 = v(h, 6y).

Obviously, the Bayesian kriging predictor and the ordinary kriging predictor are based on
different assumptions about the variogram. For ordinary kriging the variogram is fully specified,
for Bayesian Kkriging only the prior information about the variogram is given.

2.4. Prior information on © = (cy, cl,a)T

In general, the vector of variogram parameters © = (cy, ¢, a)'r has a probability density function
p(6). In this study attention is focused on the distribution of ¢; and a, describing the spatial
variability, whereas ¢y, describing the non-spatial variability, is held fixed. In many studies this
particular choice appears to be realistic, because the nugget effect may be available from
measurement errors and need not be modelled stochastically. It is assumed that 1/c, has a x*-
distribution, with v degrees of freedom and parameter sq:

—~ =X (9)

the range a has an exponential distribution with parameter 3, denoted by
a~ ¢(f). (10)

Using these and the additional assumption that 7 = 1/¢; and a are independent, their joint
distribution is given by:
5o
1 ) _%' 51 :;QT —Pa
—,a) ~p(r,a)=p T el e 11
(&rve) ~rira =05 ()
where I'(y) = [5° x*~'e*dx. The posterior variogram (k) for & > 0 can then be calculated and
the conditional expectation of the variogram is given by:

e () = co + ég g( J:’ T%—Ze?*dT) X ( J:o G(h, a)e-ﬂ"da) (12)

where G(h, a) is a known mode, defined above, depending on the distance vector 4 and the range
parameter a only and in which the (fixed) nugget effect is included as well.

2.5. Determination of the number of sampling locations

The main motivation of this study was to determine the required number of observations for the
second area, necessary to estimate the Bayesian variogram. This number is preferably less than
the number of observations needed to estimate the variogram using a least-squares procedure
within the first area. The main intention of the study was to show that information from an
analogously polluted area can be used to reduce the number of samples. The number of
observations necessary to get reliable predictions has to be decided. It has been dealt with in
this study by randomly selecting n observations of the N available observations in the second area
as a test set. Starting with observations at 20 locations, a number that is often used in practical
soil pollution problems, randomly selected from the N —n observations within this area,
predictions are carried out towards the test set. Next, the number of observations is increased
to 30, then to 40, etc. Since the kriging estimator is exact, if the variogram model estimated by the
proper number of observations adequately reflects the spatial correlation implicit in data set, the
kriged value should be close to the observed value. This ‘closeness’ can be characterized by
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following three statistics — the mean error (¢), the mean squared error (MSE), and the variance of
the reduced error o}y — defined as

e =13 (e () - 2x)
i=1

MSE = 13 (" (x) ~ 2(x) (13)
i=1

g = 12": (2 (x1) — 2(x))?
né= var(Z*(x;) — Z(x;))

where z*(x;) is the prediction and z(x;) the observation at the ith test point. The mean error e
should be close to zero, the MSE value should be small, whereas the o3 statistic should be close
to one and is used to see whether the prior information about the variogram is correct. Actually
af{E also depends on the configuration of the observation locations and on the location where a
prediction is to be carried out. According to the properties of these three statistics, we can use
these three statistics to measure the influence of the number of observations on the quality of the
predictions. We summarize these statistics in the vector A = (¢,(MSE,0%g)T. When the number
of observations reaches 100—150 points, the variogram within the second area could be directly
determined.

For ordinary kriging we have to estimate the variogram from the data using a least-squares
criterion. In the second area, this variogram may then be used as well. Since we have access to all
the data locations in the second area, we may modify the Bayesian variogram stepwise, and we
can analyse the use of the modified prior variogram by comparing it to ordinary kriging.

3. RESULTS

3.1. Description of the study area

In the south-eastern part of the Netherlands, an area including the municipalities of Budel and
Weert is polluted with cadmium and zinc (Stein, 1993). Cadmium is not usually found in nature,
except for very small amounts in certain fungi. Pollution levels, the so-called A-, B- and C-levels,
are used to decide between successive stages in environmental policies. If observations below the
A-level are collected during a first global inventory, the area is considered uncontaminated. The
B-level serves as an indicator to start an additional detailed research; if observations above the B-
level are obtained, a detailed investigation follows. If observations above the C-level are obtained
the area has to be remediated, by excavating the polluted soil, by cleaning it, or by using an in situ
treatment.

The pollution in this area has been caused by nearby zinc forges, which have been under
operation for decades. One forage is located in Budel, and is still under operation; other forges
are located across the Belgian border. The production process has been improved during the
early seventies, being considerably less contaminating nowadays. Because cadmium has the
highest risk for public health, it was taken as the leading indicator.

The data cover an area of approximately 60 km?, of which approximately 18 kg? is situated in
the municipality of Budel and 42km? in the municipality of the Weert, which is a larger
municipality with more inhabitants (Figure 1). During a survey carried out in allotment gardens
during the second half of the 1980s, 2020 observations were collected on the cadmium content of
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Figure 1. Overview of the cadmium concentrations collected from allotment gardens within the Budel-Weert area. The
zinc forge is situated at the south-western edge of Budel

the topsoil, i.e. 0—30cm below the surface. Samples consisted of a mixture of 8§—10 individual
samples from one garden.

A major issue concerns extension of the investigation to seven neighbouring municipalities,
and the question was raised whether so many observations were again necessary. Prior
information available from the sampled municipalities might be useful. To mimic this situa-
tion, it was assumed first that only the Budel data were available, being more heavily polluted
because of the closeness of the forge, and that the data at Weert were to be predicted. This
simulates extension of spatial information with actual measurements being available to validate
the predictions.

3.2. Summary statistics and spatial variability

In the Budel area, the observations ranged from 0-4 to 6:9mg kg™! dry matter, with average
calcium value equal to 1-49mgkg™"' and (individual) standard deviation to 0-79. The average
value is well below the modified B-level, in this area set equal to 2-5mg kg'l. However, the B-level
is exceeded at several locations, especially at those close to the polluting source. A normal
probability plot of the observations is given in Figure 2. In order to interpolate data to unvisited
locations, local neighbourhoods are used, since data at a larger distance do not contribute
substantially to the value and the precision of the predictions. In this study, for both Bayesian
kriging and ordinary kriging, local neighbourhoods with a maximum of 8 data points and a
minimum of 2 data points have been used.

The variogram model chosen for Budel is a Gaussian model with parameter vector
6 =(0-3,0-8,3-0)7, which are the values for nugget, sill and range, respectively. This will be
taken as the prior variogram for the Weert area. In order to choose the proper prior distribution
of the variogram parameters, we randomly choose subsets from data in Budel, and use each
subset D; to estimate the variogram which is ¢y + ¢} Gau(a'), where Gau(a') denotes the Gaussain
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Figure 2. Normal probability plot of the cadmium data in the Budel-Weert area. Also shown is the applied B-level

function with parameter o', In this way we get random number sequences {c} }, {a'}. Empirically,
they have following distributions

1

~~bdo, anel) (14
that is, the prior distributions of the variogram parameters ¢, and g, respectively, to be applied in
the Weert area have the form (14). Hence the variogram used in the Weert area is

~(h ) = 02 + c;e” /2" for >0 (15)
where for the bivariate distribution of the vector © = (1/¢;,a)7 it is assumed that
1
(aﬂ) ~ %X%o X E(%)- (16)

Using the above prior information, Bayesian kriging was used to predict the observations in
different locations in the Weert area (Table I). The statistics vector A = (¢, MSE, okg)" defined in
(13) was equal to (—0-00262, 0138, 0-425)". Recall that the MSE value is equal to the average of
the squared differences between the predictions and the observations. Since the value of e is small,
the predictor is noted to be unbiased, although on the average the predictions are slightly too low.
Also, a relatively low MSE value is obtained, compared to the mean value. However, the okE
value is relatively far below 1, showing that a substantial part of the error is not measured by the
prediction error variance. The statistics vector A obtained with ordinary kriging in which the
variogram estimated from data in Budel is used is equal to A = (0-00882, 0-1254, 0-334)T.
Comparing this with the one obtained by Bayesian kriging, it can be seen that the ¢ for Bayesian
kriging is closer to zero than that for ordinary kriging and the o&g for Bayesian kriging is closer
to 1 than o&g obtained with ordinary kriging. This implies that the Bayesian kriging result is
better than the ordinary kriging which uses a variogram estimated from data in Budel. Since
Bayesian kriging is kriging which uses the posterior variogram as the variogram, it means that
the posterior variogram is more precise than the prior variogram. Also, a sample variogram
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Table I. The values for the mean error ¢, the mean squared error MSE and the
residual variance o}g obtained with ordinary and Bayesian kriging for different
parameter vectors and distributions

Parameter vector &

Co l/Cl a € MSE ORE?
Ordinary 03 0-8 30 0-00882 0-1254 0-334
Bayesian 0-2 1 €02)  —0-00626 0-1384 0-425
Ordinary 0-2 0-13 55 -0-07723 0-1506 11734
Bayesian 017 ixks «(0-18)  —0-00642 0-1414 0-462
Ordinary 017 02 50 —0-00734 0-1387 1675
Bayesian 017 ixh, €02)  —0-00179 0-1383 0-575
Ordinary 018 017 40 —0-00237 0-1343 0-771
Bayesian 017 ixh €(0-25) 0-00030 0-1344 0-697
Ordinary 02 02 32 0-00061 0-1354 0-581

€(b) is the exponential distribution with parameter b

was calculated for the Weert area, using only the 20 observations. The variogram model
estimated from the sample variogram is a Gaussian one with parameter vector © =
(cos €1 a)T = (0-2, 0-13, 5-5)T. If we compare the statistics vector A = (0-000608, 0-1354,
0-581)T, obtained with ordinary kriging, with the A obtained by Bayesian kriging, it is noticed
that the MSE value does not change substantially, that the change in the value for e is relatively
large, which is not so important concerning the practical implications, and that the main change
is observed in the o%g value, which is now closer to 1. This shows that the predictions obtained
with Bayesian kriging are acceptable, but slightly inferior, compared to those obtained with
ordinary kriging.

3.3. Updating prior information

Since we use the Budel data to model the variogram and then use this variogram to set the prior
distribution for the parameters of the variogram in the Weert area, it becomes evident that the prior
distribution of the parameters for the variogram had to be updated after taking observationsin the
Weert area. Upon taking 20 observations, that is, taking the subset containing 20 samples from the
Weert area, the sample variogram is computed. Using this variogram, the values in the test
locations are estimated. The vector A = (e, MSE, oxg)" is equal to (—0-0772, 0-1506, 1-7348)T. On
the basis of the parameter vector for this variogram, the prior distribution of the parameters was
modified by adjusting the degrees of freedom and the parameter s, of 1/s9x; such that the
expectation of ¢, is close to 0-13, and adjusting the parameter 3 of the exponential model such that
the mean of range a is close to 5-0. That is, the modified prior distribution of (1/¢; ,a)! is equal to

(%a) ~Lxds x €(0-18) (17)
e.g. with 1/¢; following a x2 distribution with degrees of freedom v equal to 15 and parameters s,
equal to 2 and the range a following an exponential distribution with parameter equal to 0-2.
Using the modified prior distribution, the vector A is equal to A = (—0-00642, 0-1414, 0-4624).
Comparing this value with A = (—0-00626, 0-138, 0-425)T obtained with the prior distribution
(14), it is noticed that only the value of afm is improved slightly. This shows that the information
obtained from 20 observations is not sufficient to substantially modify the prior distribution of
variogram parameters.
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Figure 3. The observation locations in the Weert area, showing both the original observation points as well as the
locations of the test sets of different sizes

Next, another 40 observations were added to the previous 20 observations, i.e. a subset was
taken containing 60 samples from data in Weert. Using these 60 observations to estimate the
variogram model, a Gaussian model was obtained with parameter vector © = (¢, ¢y, @)’ =
(0-17, 02, 5-0)T. The prior distribution (14) was modified in a similar way as before, using these
parameters, to obtain

(cl—,’a> ~ %sz x €(0-2). (18)

When this was applied as the prior distribution, the statistics vector A equal to (—0-00179, 0-138,
0-575)" was obtained. Comparison with the vector A = (—0-00626, 0-130, 0-425) obtained with
the unmodified prior distribution (14) reveals that using the modified prior distribution gives a
oxg value closer to 1, and an e value closer to 0. This shows that the predictions obtained with
Bayesian kriging by using a modified prior distribution improves those obtained by using prior
distribution without modification.

After adding another 80 observations in the Weert area to the previous 60 observations, the
variogram could be estimated. It shows a Gaussian model with parameter vector © =
(co, ¢1, @) = (0:17, 0:17, 4-0)T. Now the prior distribution (14) was modified in the same way as
before, yielding as the modified prior distribution:

(;1—,(1) ~ %xﬁ x €(0-25). (19)
1
Using this as a prior distribution for Bayesian kriging gives A = (0-000302, 0-134, 0-697)".
Comparing these values with those obtained with (14) it can be seen that Bayesian kriging shows
much better results than those obtained previously. This shows that the modified prior
information of variogram parameters works well in the Weert area.

Comparing the ordinary kriging with Bayesian kriging, we notice that ordinary kriging, using a
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Table II. The values for the mean error ¢, the mean squared
error MSE and the residual variance o as a function of the
number of observations in the Weert area

N € MSE okg
20 ~0-07344 0-1418 0-4219
40 -003794 0-1323 0-4146
60 -002934 0-1313 0-4228
80 —002672 0-1311 0-4253

100 ~0-0149] 0-1251 0-4104

120 0-00489 0-1218 0-4059

140 0-00731 0-1212 0-4089

160 0-00627 0-1233 0-4178

180 0-00871 0-1241 04216

350 —0-00110 0-1359 0-4655

Gaussian variogram with parameter vector © = (¢, ¢1, )T = (0-17, 0-2, 5-0)" estimated from the
subset containing 60 observations in the Weert area, yields A = (—0-00734, 0-139, 1-675).T
Comparing this vector with A = (—0-00179, 0-138, 0-575) obtained with Bayesian kriging we
note almost the same MSE value, but relatively large differences in € and o%m. Bayesian kriging
yields less biased predictions as well as a oy value closer to 1 than the o&g obtained with
ordinary kriging.

Using the variogram obtained from the subset containing 140 observations in Weert, ordinary
kriging gives as a result the vector A = (—0-00237, 0-133, 0-771)". Comparing these values with
A = (0:000302, 0134, 0-697)", obtained with Bayesian kriging, it can be seen that the ¢ values are
both close to 0, that the MSE values are practically the same but that the o’ value is higher for
ordinary kriging than for Bayesian kriging. This shows that ordinary kriging is superior to
Bayesian kriging if sufficient observations are available to properly estimate the variogram.

As a next step we determined the size for a minimum data set to appropriately estimate the
variogram. To do so, sub-data sets with 20 to 180 samples were selected randomly from the data
available in Weert (Table II). When the sample size increases from 20 to 140, the MSE value
decreases, but when the sample size further increases, the MSE value increases as well, indicating
that the number of observations to get the most reliable predictions in this study is about 140. This
number has been used in the subsequent analysis. In contrast, the mean error € and the residual
standard error o do not show any particular trend. If the number of observations is too small to
estimate the variogram, reliable predictions can be obtained only with Bayesian kriging. Taking
additional samples after 140 observations does not produce any substantial benefit.

4. DISCUSSION

The main purpose of this study was to analyse the use of spatial information from one area into
another. Bayesian kriging offers the opportunity to carry out kriging, even if the number of data
is insufficient to properly estimate the variogram. In contrast, ordinary kriging is possible only
when sufficient data are available to properly estimate the variogram. Actually, the variogram in
Weert was available, and Bayesian kriging was compared with ordinary kriging. Bayesian kriging
gives predictions of approximately the same precision as ordinary kriging. Therefore it is
concluded that prior information from the first area can be applied in the second area. Of
course, ordinary kriging should be better than Bayesian kriging, because the most reliable data
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are used for estimating the variogram. However, if only 60 data were collected from the second
area, ordinary kriging is not better than Bayesian kriging, and hence Bayesian kriging is seen to
give reliable results. If it is too elaborate to take sufficient samples to estimate the variogram, a
reduction of necessary sampling of at least 50 per cent is allowed.

This paper highlights several advantages and limitations of using prior variogram information
for Bayesian kriging. We compared it with the use of ordinary kriging. We have applied one,
rather simple, model to describe the distribution of the variogram parameters. Additional studies
are needed to determine whether this model can be further refined and extended.

It was possible to use information from one area and apply it to another area. The most
obvious gain is that within the second area, the number of observations may be far less than the
number of 100150 proposed by Webster and Oliver. This may hold for pollution studies that are
similar with respect to pollutant and deposition, but not for completely different studies. In the
example shown in this study, cadmium was deposited in the two areas under fairly similar
conditions, spread being mainly caused by wind deposition, yielding a diffuse contamination.
One may expect, though, different conclusions for areas that are contaminated through
groundwater, acidic deposition, or through wilful contamination at several isolated spots in an
area, which is further spread through human activities. ’
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